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Abstract—This paper presents a new method for locating faults
on three-terminal power lines. Estimation of a distance to fault
and indication of a faulted section is performed using three-phase
current from all three terminals and additionally three-phase
voltage from the terminal at which a fault locator is installed.
Such a set of synchronized measurements has been taken into con-
sideration with the aim of developing a fault-location algorithm
for applications with current differential relays of three-terminal
lines. The delivered fault-location algorithm consists of three
subroutines designated for locating faults within particular line
sections and a procedure for indicating the faulted line section.
Testing and evaluation of the algorithm has been performed
with fault data obtained from versatile Alternate Transients
Program–Electromagnetic Transients Program simulations. The
sample results of the evaluation are reported and discussed.

Index Terms—Alternate Transients Program (ATP)–Electro-
magnetic Transients Program (EMTP), current differential relay,
fault location, simulation, synchronized phasor measurement,
three-terminal line.

I. INTRODUCTION

ACCURATE location of faults on overhead power lines for
inspection-repair purposes [1]–[12] is of vital importance

for operators and the utility staff for expediting service restora-
tion and, thus, to reduce outage time, operating costs, and cus-
tomer complains.

An impedance principle, making use of the fundamental fre-
quency voltages and currents [3]–[9], and traveling-wave ap-
proach [10] have been developed so far for applications to three-
terminal lines.

In [3], the use of synchronized measurements of currents
and voltages from all three terminals has been considered.
Distributed parameter models of the line sections have been
utilized there. This ensures high accuracy of fault location and
the faulted line section is also reliably indicated [3].

Use of three-end unsynchronized measurements of current
and voltage has been considered in [4]. The lumped models of
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the line sections were applied there and it was also implied that
the error resulting from such simplification is minimized due
to the redundancy of the fault-location equations. Yet another
utilization of three-end unsynchronized measurements has been
proposed in [5], where exchanging the minimal amount of in-
formation between the line terminals over a protection channel
was considered.

In turn, the demand and importance of developing fault-loca-
tion algorithms for three-terminal lines utilizing only two-end
synchronized measurements of voltages and currents has been
stated in [6]. This is required since the measurement infrastruc-
ture of the tapping line could be poor or there is no available
communication channel for sending measurements from the far
end of the tapping line.

Limited availability of measurements for fault location on
three-terminal lines was considered in [7]–[9]. In particular, the
approaches introduced in [7] and [8] ensure complete immunity
to saturation of current transformers (CTs), since only voltage
signals are utilized for fault location. The other method, deliv-
ered in [9], is based on using minimal measurements (i.e., the
one-end measurement of three-phase voltage and current), sup-
plemented with additional information on amplitudes of prefault
currents in a three-terminal line.

Use of yet another set of the fault-locator input signals, which
differs from those applied in the cited approaches [3]–[9] is pro-
posed in this paper. Three-phase current from all three line ter-
minals and additionally three-phase voltage, acquired at the ter-
minal at which the fault locator is installed, are taken into con-
sideration. Such specific availability of measurements for lo-
cating faults has been assumed with the aim of simply adding the
fault-location function to current differential relays protecting
three-terminal lines [13].

After derivation of the complete fault-location algorithm, the
results of its evaluation with the use of the ATP–EMTP [14]
simulation data are delivered and discussed.

II. FAULT-LOCATION TECHNIQUE

Modern microprocessor-based current differential relays
exchange the digital forms of the locally measured current
phasors even over long distances. For this purpose, different
forms of communication means are utilized. The current differ-
ential protection principle requires synchronization of digital
measurements performed at different line terminals. This is
accomplished using the well-known global positioning system
(GPS) or the other techniques [13].

It is considered further that the fault-location (FL) function is
supplemented to the current differential relay from substation A

0885-8977/$25.00 © 2007 IEEE
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Fig. 1. Fault location on a three-terminal line associated with current differen-
tial relays.

(Fig. 1). For this purpose, phasors of three-phase current from
all line terminals , , —exchanged by the current differ-
ential relays A, B, and C, together with the locally measured
three-phase voltage phasor , are taken as the fault-locator
input signals. In a natural way, these measurements are further
considered as being synchronized.

The proposed fault-location technique is based on using three
subroutines, denoted further as SUB_A, SUB_B, and SUB_C.
They are designated for locating faults FA, FB, and FC at hypo-
thetical fault spots within particular line sections: AT, TB, TC,
respectively. It is worth realizing that the position of a fault is
a random factor and, thus, the faulted line section is not known
in advance. Therefore, the valid subroutine will be chosen by
using a special selection procedure.

A. Fault-Location Algorithm—Subroutine SUB_A

The subroutine SUB_A, designed for locating faults (FA)
within the line section AT (Fig. 2), is based on the following
generalized fault-loop model [12]:

(1)

where

unknown distance to fault on section AT (p.u.);

unknown fault resistance;

, fault-loop voltage and current;

positive-sequence impedance of the section
AT;

total fault current (fault path current).

Fault-loop voltage and current are composed accordingly to
the fault type, as the following weighted sums of the respective
symmetrical components of the measured signals:

(2)

(3)

Fig. 2. Circuit diagram of the three-terminal line under fault at section AT, for
the ith symmetrical component.

TABLE I
WEIGHTING COEFFICIENTS FOR COMPOSING FAULT-LOOP SIGNALS (2), (3)

where

, , weighting coefficients;

, , symmetrical components of side A
voltages;

, , symmetrical components of side A
currents;

zero-sequence impedance of the line
section AT.

Fault-loop signals (2) and (3), and also those used in the re-
maining subroutines, are expressed in terms of the respective
symmetrical components. Use of such notation is convenient for
introducing the compensation for line shunt capacitances; how-
ever, it is fully equivalent to the description traditionally used
for distance protection [12]. The natural sequence of phases: a,
b, and c was assumed for determining the weighting coefficients
(Table I) as well as in all further symmetrical components cal-
culations.

It is proposed to calculate the total fault current from (1) using
the following generalized fault model:

(4)

where

, , share coefficients (Table II).

The th sequence component of the total fault current is de-
termined as a sum of the th sequence components of currents
from all line terminals (A, B, C)

(5)
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TABLE II
SHARE COEFFICIENTS USED IN FAULT MODEL (4)

where

subscript “ ” denotes the component type:
—positive, —negative,

and —zero sequence.

The share coefficients from (4) can be determined by per-
forming an analysis of the boundary conditions for particular
fault types [12]. Different sets of those coefficients are obtained.
They can be used alternatively, however, in order to ensure high
accuracy of fault location and the following priority for the use
of particular sequence components of measured currents is pro-
posed (Table II):

• for phase-to-ground and phase-to-phase faults: use of neg-
ative-sequence components;

• for phase-to-phase-to-ground faults: use of negative- and
zero-sequence components;

• for three-phase symmetrical faults: use of superimposed
positive-sequence components.

Excluding the positive-sequence components from
the total fault current (4) for all faults, except three-phase bal-
anced faults, is characteristic for the share coefficients from
Table II. In case of three-phase balanced faults, only positive-se-
quence components are contained in the signals. The positive
sequence of the total fault current can be calculated as the sum
of postfault positive-sequence components from all line termi-
nals. However, it is proposed to calculate it as the following sum
of the superimposed (denoted with “ ”) positive-sequence cur-
rents from the line ends A, B, and C, respectively:

(6)

Finally, negative-, zero- and superimposed positive-sequence
components of the measured currents are used in the calculation
of the total fault current (4). This ensures accurate calculation of
the fault current flowing through the fault path resistance. This is
so, since the positive-sequence components, for which the shunt
capacitance effect is the most distinct, are excluded.

Fig. 3. Circuit diagram of three-terminal line under fault at the section TB, for
the ith symmetrical component.

After resolving (1) into the real and imaginary parts, and elim-
inating the unknown fault resistance , the sought fault dis-
tance is determined as

(7)
Having the fault distance calculated (7), the fault resistance

can also be determined as, for example, from the real part
of (1) as

real real

real
(8)

B. Fault-Location Algorithm—Subroutine SUB_B

An analytic transfer of three-phase measurements , ,
and to the beginning of the section LB, while strictly taking
into account the distributed parameter line model, is performed.
The superscript “transf.” is used to distinguish the analytically
transferred signals from the measured signals. Certainly, such
transfer has to be performed separately for each th type of sym-
metrical component of three-phase voltage and current. Fig. 3
presents an equivalent circuit diagram of the line for the th
symmetrical component. Again, the subscript “ ” is used for de-
noting the respective is positive, is negative, and

the zero sequence components.
Transferring of voltage from the bus A to the tap point T re-

sults in

(9)
where

surge impedance of the
line section AT for the th
sequence;

propagation constant of the
line section AT for the th
sequence;

impedance of the line section
AT for the th sequence

;
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admittance of the line section
AT for the th sequence
(S/km);

total length of the section AT
(km).

The transfer of the th symmetrical sequence current from the
beginning of the line section LA (bus A) to the end of the section
(tap point T) gives

(10)

Transfer of the current for the line section TC, performed
analogously as in (10), gives (Fig. 3).

The transferred th symmetrical sequence current of the
faulted line section TB (Fig. 3), flowing from the tap point T
toward the fault point FB is calculated as the sum of
the currents transferred from the terminals: According to (10)]
and from C [analogously as in (10)]

(11)

Then, using the determined transferred signals (9), (11), the
fault-loop voltage and current are composed, anal-
ogously as in (2) and (3). In order to determine the distance to
fault on the section TB, the following fault-loop model is used:

(12)

where

unknown distance to fault on section TB
(p.u.) counted from bus B toward fault
point FB;

unknown fault resistance;

, fault-loop voltage and current for the
subroutine SUB_B;

positive-sequence impedance of the section
TB;

total fault current (formula: (4), (5),
Table II).

After resolving (12) into the real and imaginary parts and
eliminating the unknown fault resistance , the sought
fault distance is determined as shown in (13) at the bottom
of the page.

Similarly, as in the case of the subroutine SUB_A (8), the
fault resistance can be determined as

(14)

C. Fault-Location Algorithm—Subroutine SUB_C

The subroutine SUB_C, designated for locating faults on the
line section TC, is derived analogously to the subroutine SUB_B
(Section II-B) and, therefore, is not presented.

D. Improvement of Fault-Location Accuracy

The subroutine SUB_A (presented in Section II-A) is formu-
lated using the lumped model of the line section AT with ne-
glecting shunt capacitances. The subroutine SUB_B (presented
in Section II-B) applies the distributed parameter line model
only for transferring the signals to the tap point T [(9) and (10)],
while the fault-loop model itself (12) is of the lumped character.
Analogously, it is for the subroutine SUB_C.

It is important for ensuring high accuracy of fault location
that the total fault current in all three subroutines be calculated
in such a way that the shunt capacitance effect, which is the most
distinct in case of the positive sequence, is minimized.

In view of the aforementioned features of the subroutines, the
delivered fault-location algorithm is capable of locating accu-
rate faults if, however, the line sections are not too long.

In case of the length of the line sections above 150 km, sim-
ilarly as for one-end fault locators [12], a need for improving
fault-location accuracy appears.

First, a voltage drop on the faulted segment of the respective
line section (Fig. 1: A-FA segment—for subroutine SUB_A;
T-FB segment—for subroutine SUB_B; T-FC segment—for
subroutine SUB_C) has to be determined by taking into account
the distributed parameter line model. This can be accomplished
by performing iterative calculations, analogously as in the
fault-location algorithm from [12].

Second, further improvement of fault-location accuracy can
also be achieved if the total fault current is determined by con-
sidering the long line model. For example, considering the flow
of currents in the path T-FB-B (Fig. 3), after tedious manipu-
lations on hyperbolic functions, one obtains the following com-
pact formula for the th symmetrical component of the total fault
current:

(15)
Then, this current (15) has to be substituted into (4) and next

to the fault-loop model (12). As a result, a nonlinear complex
formula is obtained, which can be solved iteratively, using, for
example, the Newton–Raphson method.

E. Selection of Valid Subroutine

The presented fault-location algorithm consists of three sub-
routines and only one of them—the valid subroutine—yields the

(13)
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results, which correspond to the actual fault. The remaining two
subroutines give false results. The multicriteria selection proce-
dure has been developed for selecting the valid subroutine (i.e.,
for indicating the faulted line section).

In the first step of the selection procedure, the results of the
fault distance and resistance calculations are utilized. The sub-
routine, which yields the distance to fault indicating the con-
sidered fault as occurring outside the section range (outside the
range: 0 to 1.0 p.u.) and/or the calculated fault resistance of the
negative value is surely rejected.

The second step of the selection is used when the first step is
not sufficient. In this second step, the remote source impedances
(behind the terminals B and C—if it is considered that the fault
locator is installed at the station A (Fig. 1), are calculated for
different subroutines. For example, in case of considering the
subroutine SUB_B (Fig. 3, Section II-B) for locating faults on
the line section TB, the source impedance behind the bus B for
the positive (negative) sequence is calculated as

(16)

where the estimated voltage at the bus B is equal to

(17)
In the calculations (16) and (17), the negative-sequence com-

ponents are used. This can be applied for all faults except three-
phase balanced faults, for which the incremental positive-se-
quence components have to be used.

The source impedance behind the bus C is calculated anal-
ogously to (16) and (17). Similarly, the source impedances are
calculated according to the subroutine SUB_C.

Having calculated the impedances of the sources behind the
remote buses B and C—according to both subroutines (SUB_B,
SUB_C), first it is checked in which quadrant of the complex
plane they are placed. The actual equivalent source impedance
is of the form of R-L branch (i.e., it is considered as being
placed in the Ist quadrant of the impedance plane. If the source
impedance, calculated according to the considered subroutine,
lays outside the Ist quadrant, then this subroutine is false and
has to be rejected. Otherwise, if there are still at least two sub-
routines (out of three) remaining, then the selection has to be
continued. The particular subroutine can be rejected also if the
calculated value of the remote source differs from the actual
impedance. For this purpose, certain knowledge about the actual
equivalent sources behind the line terminals has to be possessed.

The presented multicriteria selection procedure will be ex-
plained in relation to fault-location results presented further in
Section III.

III. ATP–EMTP-BASED EVALUATION

A. ATP–EMTP Model

An ATP–EMTP software program [14] was applied to
evaluate the performance of the developed fault-location al-
gorithm. The modeled 110-kV test network includes the line

TABLE III
FAULT-LOCATION RESULTS: A-G FAULT ON SECTION AT, R = 10 


sections–AT: 100 km, BT: 80 km, TC: 50 km, having the
positive- (negative) and zero-sequence impedances

The equivalent sources ,
, ,

were also included.
Existence of the prefault load flow in the modeled network is

determined by the assumed phase shift of side B source equal
to and side C source , with respect to the equivalent
source behind bus A (0 ).

B. Evaluation of the Fault-Location Algorithm

In order to evaluate the derived fault-location algorithm itself,
the errorless current and voltage transformers were modeled.
Analog antialiasing filters with the cutoff frequency of 350 Hz
were included, and 1-kHz sampling frequency was used. Full-
cycle Fourier orthogonal filters were applied to determine pha-
sors of the processed signals. The obtained continuous fault-lo-
cation results were singled by averaging within the postfault in-
terval: from 30 up to 50 ms, after the fault inception.

Different specifications of faults have been considered in
the study. However, due to the limited space, only the results
for the – faults, applied through 10- fault resistance at
different locations (0.1 to 0.9 p.u.) on particular line sections
(Tables III–VII) are presented here. The performance of the
developed fault-location algorithm for the other faults is satis-
factory and the fault-location errors are also very low.

For the - faults on the line section AT (Table III), only
the subroutine SUB_A yields correct results—with the maximal
fault location error: 0.0018 p.u. (or: 0.18%), while the other two
subroutines are surely rejected as indicating the fault outside
their sections range and p.u.

In case of the - faults on the line sections TB (Table IV)
and TC (Table V), the subroutine SUB_A yields invalid results

p.u.) and, therefore, it is rejected. The other two
subroutines (SUB_B, SUB_C) give the fault-location results,
which could be accepted and p.u., and positive
fault resistances and .

In order to judge which subroutine: SUB_B or SUB_C is
valid, the selection has to be continued (Table VI and VII). In
Table VI, the placement of the calculated impedances of the
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TABLE IV
FAULT-LOCATION RESULTS: A-G FAULT ON SECTION TB, R = 10 


TABLE V
FAULT-LOCATION RESULTS: A-G FAULT ON SECTION TC, R = 10 


TABLE VI
SELECTION OF VALID SUBROUTINE: A-G FAULT ON SECTION TB,

R = 10 
 (FAULT-LOCATION RESULTS IN TABLE IV)

equivalent sources behind buses B and C (denoted at the last
position of subscripts), according to the subroutines SUB_B,
SUB_C (denoted by superscripts), is shown. For all fault
cases, both source impedances are calculated according to the
subroutine SUB_B lay in the Ist quadrant
of the complex plane, while this is not satisfied (IIIrd and Ist
quadrant, respectively) for the source impedances ,

—calculated according to the subroutine SUB_C. As a
result, the subroutine SUB_B is selected as the valid, what is
consistent with reality (results in Table IV).

Continuing the selection for the faults on the line section LC
(fault location results in Table V), the placement of the respec-
tive calculated source impedances on the complex plane has
been determined. Specification of the complex plane quadrants

TABLE VII
SELECTION OF VALID SUBROUTINE: A-G FAULT ON SECTION TC,

R = 10 
 (FAULT -LOCATION RESULTS IN TABLE V)

for these impedances is shown in Table VII. Based on this place-
ment, the subroutine SUB_C was selected as the valid for faults
occurring on the line section TC at locations
to 0.8 p.u. For the fault at p.u., the subrou-
tine SUB_C was also selected as the valid, just, only after com-
paring the calculated source impedances with the actual ones
(used in modeling). This comparison has shown that the magni-
tudes of the source impedances calculated according to the sub-
routine SUB_B are the multipliers: 1.73, 0.59 of magnitudes of
the actual impedances. Since these multipliers differ quite dis-
tinctly from unity, the subroutine SUB_B was rejected and the
subroutine SUB_C remained as the valid. The applied compar-
ison of the calculated source impedances with the actual ones
requires knowing the latter. If the utility staff is not able to pro-
vide the actual source impedances, then both results still need
to be considered to utilize and expedite the line service restora-
tion. For the described fault case (a-g fault on the line section
TC at p.u.), the following two alternative loca-
tions of the fault remain for considering: on the line section TB
at p.u. and on the section TC at p.u.
Both suppositions indicate the fault as occurring very close to
the tap point which is favorable for making the line inspection.

Fault-location results yielded by the subroutines, which
were selected as the valid (the results marked in Tables III–V
in bold type), are very accurate. The calculated distance to
fault is very close to the actual value of the fault
distance . The fault-location
error does not exceed 0.002 p.u. (0.2%).

C. Comparison of the New Fault-Location Algorithm With
the Other Known Algorithm

In order to reveal the superiority of the developed new fault-
location algorithm to the others, a quantitative comparison has
to be performed. It was taken into account for this comparison
that, in principle, the fault-location algorithms belonging to the
same category could be taken for comparison. Therefore, the
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Fig. 4. Illustration for the subroutine SUB_A of the fault-location algorithm
from [6].

presented new algorithm was compared to the fault-location al-
gorithm from [6], which also belongs to the category of algo-
rithms utilizing incomplete three-end measurements and using
three subroutines and the procedure for selecting the valid sub-
routine.

Fig. 4 is the illustration for the subroutine SUB_A of the al-
gorithm derived in [6]. The scheme of the network for the super-
imposed positive sequence (incremental positive sequence), by
considering the distributed parameter model of all the line sec-
tions is taken into account. From bus A, the superimposed posi-
tive-sequence current and voltage are taken di-
rectly as the subroutine SUB_A input signals. Then, the voltage

and current at the tap point T, obtained
after the analytic transfer of the measurements acquired at the
bus B

(18)

(19)

The function determining the current is derived
by using a current division theory [6].

Next, using the input signals , , and
(18), (19), the distance to fault on the section AT is
determined according to a simple formula, as in [3].

One can notice that the function , determining the
current (19), involves the positive-sequence source
impedance behind bus C . The inaccuracy in providing this
impedance data (mismatch with respect to the source impedance
data) is a source of certain fault-location errors. Table VIII
gathers the distance to fault results calculated according to the
subroutine SUB_A of the fault-location algorithm from [6]
under different mismatch ratios. In case of no mismatch (0%
mismatch), the results are very accurate (maximal and average
fault-location errors are 0.09% and 0.07%, respectively). How-
ever, introducing a certain mismatch with respect to the source
impedance , higher fault location errors appear. For ex-
ample, for the 50% mismatch (the assumed source impedance
is 50% higher than the actual one, with the same phase angle),
the maximal and average fault-location errors are: 1.58% and
1.22%, respectively. Even higher fault-location errors appear

TABLE VIII
COMPARISON OF FAULT-LOCATION ALGORITHMS: a-g FAULT

ON SECTION AT, R = 10 


for the mismatch rate of 50%. If the mismatch rate is within
the range ( 20%, 20%), then the fault-location errors are kept
below 1%, which was also evaluated in [6].

To distinct the fault-location algorithm from [6], the calcu-
lation of the distance to fault according to the presented new
fault-location algorithm is not dependent on the source imped-
ances and, thus, there is no mismatch effect. The distance to
fault is calculated accurately and the fault-location errors are at
the level achieved with the fault location from [6] under precise
setting of the source impedance value (0% mismatch).

IV. CONCLUSION

In this work, the new algorithm designed for locating faults
on a three-terminal line has been presented. The specific set of
the fault-locator input signals has been assumed with the aim
of developing the fault-location algorithm for applying current
differential relays protecting a three-terminal line. It has been
shown that it can be accomplished using phasors of three-phase
current from all line terminals—exchanged by the current differ-
ential relays, and additionally, the locally measured three-phase
voltage phasor.

The developed fault-location algorithm consists of three sub-
routines, designated for locating faults within the respective line
sections, and a multicriteria procedure for selecting the valid
subroutine. The subroutines are formulated with the use of gen-
eralized fault-loop models. For this purpose, information on the
fault type is required. It has been shown that the applied set of
the fault-locator input signals allows for accurate determination
of the total fault current, flowing through a fault path resistance.
Direct summing of currents from all line terminals for particular
phases, which is a natural way of determining the total fault cur-
rent, has not been used in the proposed approach. This is so be-
cause since performing direct summing, the positive-sequence
currents, for which the shunt capacitances effect is the most dis-
tinct, are contained in the summed phase currents. As a result,
the accuracy of the total fault current determination deteriorates.
Therefore, it has been proposed to determine the total fault cur-
rent as the weighted sum of particular sequence components, by
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applying such a set of the weighted coefficients so that the use of
postfault positive-sequence components of currents is avoided.

Three subroutines of the fault-location algorithm have been
formulated using the lumped model of the fault loop while
neglecting shunt capacitances. The distributed parameter line
model was utilized only for the analytical transfer of signals
across the healthy line sections toward the tap point. In order to
ensure high accuracy of the fault location in case of consider-
able length of the line sections, the distributed parameter line
model has to be fully incorporated to the algorithm. This paper
describes how it can be accomplished.

A multicriteria procedure for selecting the valid subroutine
has been introduced. First, the subroutine, which yields the dis-
tance to fault indicating the considered fault as occurring out-
side the section range, and/or the calculated fault resistance of
a negative value, is rejected. Second, the impedances of the re-
mote sources are calculated according to different subroutines.
The placement of a given calculated source impedance outside
the Ist quadrant on the impedance plane results in rejecting the
considered subroutine. In case this is not sufficient, the compar-
ison of the calculated source impedances with the actual values
has to be performed. For this purpose, knowledge with respect
to the actual equivalent sources is required. The presented eval-
uation results show the effectiveness of the proposed selection
procedure.

The ATP–EMTP software package was used to demonstrate
the performance and advantages of the developed fault-loca-
tion algorithm. The simulation results show that the accuracy of
fault location is very high under various fault types, fault resis-
tances, fault locations, prefault loading conditions, and source
impedances. For the presented results for single-phase faults,
the achieved accuracy is very high—the fault-location error is
less than 0.2% under the assumption of ideal transformation
of instrument transformers. Incorporating real models of instru-
ment transformers into the ATP–EMTP model results in certain
worsening of fault-location accuracy. However, the delivered
fault-location algorithm ensures definitely better accuracy than
the one-end approach. This is so since in the presented method,
the total fault current is not estimated—for which knowledge of
source impedances is required in case of the one-end approach,
but is accurately calculated from the measured signals.
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